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PHAN CHUNG CHO TAT CA CAC THI SINH
x> +2(m+Dx+m’ +4m
X+2
1. Khdo st sy bi€n thién va vé dd thi ctia hAm s6 (1) khim = — 1.
2. Tim m dé ham sd (1) ¢6 cyc dai va cuc ti€u, ddng thdi cac di€m cuc tri ciia dd thi cling véi
gdc toa dd O tao thanh mdt tam gidc vudng tai O.
CauII (2 diém): 1. Gidi phuong trinh : (1 +sin’ X)COSX + (1 +cos’ x)sinx =1+sin2x.

CaulI (2 di€m): Chohams6y = (1), m 1a tham sd.

2. Tim m d€ phuong trinh sau c¢6 nghiém thuc : 3v/x -1+ mvx+1 =23x* -1
Cau III (2di€m): Trong khong gian vé6i hé toa d6 Oxyz, cho hai dudng thing

Xx=—1+2t
gzy_—ll:ZwILZ vad,qy=1+t 1.Chtrng minhrﬁng d; va d, chéo nhau.
z=3

d,:

2.Viét phuong trinh dudng thing d vudng géc v6i mit phing (P): 7x + y — 4z = 0 va cit hai
dudng thing d;, da.
Cau IV (2 di€m): 1. Tinh dién tich hinh phing gii han bdi cdc dudng: y = (e + 1)x, y =(1 +e’ )x
2. Chox,y,zla cic sd thuc duong thay d8i va théa mén diéu kién xyz = 1. Tim gid tri nhé nhat
x*(y+2) N vy (z+X) N Z2(X+y)
Yy +2247 2z +2x0x  x x+2y\/§

cla biéu thdc : P=

Phan ty chon V.a hodc V.b

V.a. (Khéng phian ban) (2 d)

1. Trong mp v6i hé toa do Oxy, cho AABC c6 A(0;2), B (-2;-2), C (4;-2). Goi H 1a chan dudng cao
ké tir B; M va N 14n ludt 1a trung di€m clia cdc canh AB va BC. Viét pt dudng tron di qua cdc di€m
1 1 1 1 27 1

H, M, N. 2.CMR: =C} +—-C3 +—-C3 +.+—C>'=
27 4T 6™ 2n " 2n+1

V.b (Phan ban) (2 d) 1. Gidi bdt phuong trinh: 2logs(4x — 3) + logy 2x+3)<2
3

2. Cho hinh chép S. ABCD c6 d4y 1a hinh vudng canh a, mit bén SAD 1a A déu va nim trong
mit phing vudng géc v6i ddy. Goi M, N, P 1an lugt 13 trung di€m cdc canh SB, BC, CD. Chiing
minh: AM vudng géc v6i BP v tinh thé tich khdi tif dién CMNP.

BAI GIAI
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Caul: 1/ V6im=-1:y=
X+2 X+2

MXD :D =R\ {-2}
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Db thi cdt truc hoanh tai (++/3:0)



x? +4x -m® +4

(x + 2)

Ham s6 (1) c6 cuc dai va cyc tiéu < y’ =0 c6 2 nghiém phan biét khdc — 2

o AN=m’>0cm=0

Khim # 0 goi A, B 12 2 diém cuc tri ctia d6 thi ham s6 (1)

Taco: A(-2-m;-2);B(-2+m;4m-2)

AOAB vudng tai O < OA.OB=0 o m+8m-8=0 < m=-4+ 2\/g(th6a m=0)
Cau Il (2 di€m): 1/ cosx + sin’xcosx + sinx + cos’xsinx = (sinx + cosx)”

<> (Sinx + cosx) + sinxcosx(sinxX + cosx) = (sinx + cosx)2

& (sinx + cosx) [(sinX + cosX) — sinxcosx — 1] =0

<> sinx + cosx = 0 hay (1 —sinx) (1 - cosx) =0

2/ y' =

< tgx=—1haysinx=1haycosx=1<x= —§+kn hay X:ng k2rnhay x = k2n,ke Z

2/ 3\/X—1+m\/x+1=2(‘/(x—1)(x+]) ,PDK: x >1

Cach1: Khi x = 1 thi m = 0 Vay khi m = 0 thi phuong trinh c6 nghiém x = 1
Khi x > 1, phuong trinh tuong duong

3em |2 0 X* D pario ! T coivix s Tthit> 1
x—1 X —1 x—1

Khi d6 phuong trinh thanh mt* + 3 = 2t @mz%—i

t2

Ta co: m'=$, m =0 <t=3.Khit e (1;3]thi mting va nhdn gia tri trén (—1;%]

Khit € (3; +o] thi m gidm va va nhin gia tri trén (%;O)

A A i N 1
Do d6: yéu cau bai toan tuong dudng véi —l<m < 3

Céich 2: Chia 2 v& cho vx + 1 phudng trinh thanh : m=24\1/x_] _3 22!
x+1 x+1
Patu= 41 Tacé:véix> 1 thiO<u< 1
x+1
]

Phuong trinh thanh m = 2u — 3u® day 12 ham bic 2 ¢c6 mién gid tri trén (0 ; 1) 1a (—1;5]

Do d6: yéu cau bai todn tuong duong véi —1<m S%

Cau III (2 diém):

1/ d;qua A (0;1;-2) VTCP a = 2;-1;1) ; d> qua B (—1;1;3) VTCP b = 2;1;0)
Taco:[ab]=(-1524); AB =(-1:0:5)
Do [a,b] AB =1+0+20=21#0 néndj, d;chéo nhau,

2/ Goi (o) 1a mat pheztng chita d; va L (P), (o) c6 VTCP a = (2;-1;1) va Fp =(7;1;-4)
= PVT E =(3;15;9) = 3(1;5;3).
Phuong trinh (o) : 1(x=0)+5(y-1)+3(z+2)=0 < x+35y+3z+1=0



Cachl: GoiN=d;na DoNed,=3t:N-1+2t; 1+t; 3)
Ne(@) =C14+20+5(1+)+9+1=0

= Tt+14=0=>t=-2 Vay N (-5; -1; 3)
X+5 y+l1 z-3

7 1 —4
Cach2: Goi(B)la mit phing qua d, va L (P);
(B)c6 VICP b =(2;1;0)va n, = (7;1;-4) = PVT k, =(-4;8;-5)
Phuong trinh () : 4(x+ 1)+ 8(y—-1)-5(z-3)=0 & —4x+8y—-52+3=0
Xx+5y+3z+1=0
—4x+8y—-52+3=0
CaulV : 1/ Phuong trinh hoanh d9 giao diém hai dudng:
e+Dx=(1+ex < x(e"-e)=0 << x=0hayx=1
Nhén xét: V6i vx € [0;1] = x(e*—-e) <0

Phuong trinh (d) cin tim :

Phuong trinh (d) : {

1
S = —jx(ex—e)dx u=x = du=dx;dv=(e"-e)dx Chonv=e"-ex
0

) 1o .ox2] e
S= —[x(e - ex)}0+ -([(e —ex)dx = {e —67i|0 = E—] (dvdt)

2/ Ap dung ba't ddng thitc Co-si cho 2 s& duong va x.y.z = 1 ta c6:
x* 2\/y_z y2 2zx 7" 2./xy
| + +
y y+22\/2 Nz +2x0x  x X+2y\/§
x+/x vy 2z
=2 + +
y y+2Z\/; Nz +2x4x  x x+2y\/§
bat: a=y\/§+22\/2;b22\/2+2X\/;;C=X x+2y\/§

oy ch—2z+4b; y\/;za—Ql;Jrélc; Z\/E:b—2(c?+4a

Tir d6: P>2| - 3+3+9j+ﬂ b,c,a) 0
Qla b ¢) 9\la b ¢) 9

Ap dung bt ding thiic C6 - si cho 3 s6 dwong ta c6 :

P>2 l.3+£.3—é =2. ViyminP=2 < x=y=z=1
9 9 9

V.a. (Khong phin ban) (2 d)

1/ GoiH(x;y). Tacé BH = (x +2;y +2), AC = (4; —4), AH = (x; y -2).
H la chan dudng cao ké tr B clia tam gidc ABC nén :

BH L AC {4(X+2)—4(y+2)20 {x—yzO {x:l

_. . = = =

AH ciing phuong AC 4(y-2)+4x=0 x+y-2=0 [|y=1
Vay H(l; 1)

M va N lan lugt 13 trung diém AB va BC nén M(-1, 0); N(1, —2)
Goi I 1a tAm dudng tron can tim.



TH? = IN’ P4y -1 =(x=DP+(y+2? T2
Tacé_{ N©{<x Fry-1P =-DP 427 |72

H =IM*  |x=D’+(@y-1D’=x+1D’+y’ y:_l
2
Vay I(l;—lj. BankinhR=IM = ‘/2+l=\/§.
22 4 4 2
A S BN PN A N N 1 ? 1 ? 5
Viay phuong trinh dudng tron can timla : | x 5 +ly +5 = 5
2/ Tacéd: (1+x)™" =C) +xCh, +x°Cs, +x°C +x'Cy +...+x>"'C" +x>'C!

2 0 1 22 33 4 4 2n-1~2n-1 2 2
1-x)"=C,, —xC,, +x°C;, —x'C,, +x'C,, +...—x"C;," +x"C;)
2n 2n 1 33 2n—1~2n-1
A+x)" -(1-x)"=2C,, +2x°C;, +...+2x" ' C3}
1

-l 1 n n ] -| '| . .
:’EQ[(]*X)Q ~(-xy ]dx=[§C£nx2 Gt o O 1}

2n+1 2041 !
:l[('|+x) ,(-% } 1 1
0

0

1

=—C) +—C> +.+—C>

2| 2n+1 2n +1 2 4 2n
= (2—_1)=1C12n +lC§n +...+iC§2"
2n+1 2 4 2n

CauV.b: I/ Diéukién x >%

Bpt < logs(4x —3)° —logs(2x +3)<2 < logs(4x — 3)* <logz9(2x + 3)

S Ax -3 <92x +3)=> 8x* - 21x-9<0 < —3933

So diéu kién x > % dugc nghiém ba't phuong trinh 1a % <x<3

V.b: 2/

Goi O 1a trung diém clia AD
A SAD déu = SO L AD



Ma Mp(SAD) 1L Mp (ABCD) nén SO L Mp (ABCD)
Chon hé truc toa do vudng goc Oxyz, sao cho: A(%;O; 0) ; D(-—= 0 0); N(0;a;0)

a. \/— 'a\/g);P(—

a a a aa
= B(—;a;0);C(——;a;0);S(0;0; M(—;—;—— —:—:0
(2 );C(—— 5 );5(0;0;—); (4 X >3 )
— a a a\/§ — a —_
a. AM = —Z'—'— ; BP= —a;—E;O = AM.BP=0 = AM L BP (dpcm)

aaf

G a — a —_
b CN=(5;0:0x CP_(o,—E,O):[CN,CP] (0;0; ——) CM= (_’_5 T)
f

= Verne =é‘[6ﬁ,é§].€1\71‘
Cach khac: AM = %(E +AS) = E(AB + A0 +0S)
ﬁ:%(ﬁ+ﬁ):%(zﬁ+ﬁ):%(2ﬁ+ﬁ)
= m.ﬁzi(—ABz +AD?*)=0 =AM L BP

a’ 1 _a3x/§
9

1 1
= —Syp-d(M,(ABCD)) =—=——S0 = dvit
3 Dowp (M,( ) 382 5 (avtt)

VCMNP

PHAM HONG DANH -TRAN VAN TOAN i
(TRUNG TAM BOI DUGNG VAN HOA VA LUYEN THI VINH VIEN)



